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Connections between the Riemann hypothesis (RH) and the distribution of ordered Farey fractions 

have been discussed since the time of Landau and Franel. The basic results and some more recent 

observations are included in Zulauf [3]. Additional developments and references are provided in 

Kanemitsu and Yoshimoto [1]. 

The purpose of this note is to examine logical equivalences between the growth rate of the sum of 

the Liouville function values of Farey fractions and the Riemann hypothesis. Thus the Farey 

fractions are closely connected to the Riemann hypothesis (RH) both in terms of their distribution 

on [0,1] and also in terms of their multiplicative structure as valued by Liouville’s function.  
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From the two ways of expressing the coefficient sum in a product of Dirichlet series, from (2) we 

also have  
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